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SUBIECTUL  I 
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SUBIECTUL II 
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d) 1−=x  este asimptot  vertical  . 
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SUBIECTUL III 
 
a) ( ) 121 −=− o . 
b) ( ) ( ) =−+++=+++= 122221222 yxxyyxxyyx o  ( )( ) 1112 −++ xy . 
c) Din b), 
( ) zyx oo =4 ( )( )( ) 1111 −+++ zxy . 

( )zyx oo ( )( )( ) 11114 −+++= xzy . 

Deci, ( ) ( ) ∈∀= zyxzyxzyx ,,,oooo R. 

d) Lu m ∈+−== 21ba R\Q.  

 

            

 



         

 

e) Din b), avem 
( )( ) 1112 −++= yxyx o . Atunci ( )( ) 0112 =++ yx . 

Ob inem 1−=x  sau 1−=y . 

f) ( ) ( ) ( ) 0120042003....101....20032004 <−=−−− oooooooo . 

g) Din b) ob inem ( )( ) ( ) 1121112 2 −+=−++= aaaaa o . 

Presupunem 4434421 ooo
orikde

aaa ....... ( ) 112 1 −+= − kk a , adev rat  ∗∈∀ Nk  , R∈∀a . 

Si demonstr m 4434421 ooo
orikde
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( )[ ] ( )[ ] =+⋅+−++⋅−+= −− 1211221122 11 aaaa kkkk

 

( ) ( ) 1112 −++= aa kk  , adev rat  ,deci 4434421 ooo
orinde

aaa ....... = ( ) 112 1 −+− nn a , ∗∈∀ Nn , R∈∀a . 

 
SUBIECTUL IV 
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x
xf  R∈x . 

b) 
( ) ( )

0

0
lim

0 −
−

→ x

fxf
x

( ) 00 =′= f . 

c) ( ) ,0=′ xf  rezult  0=x . 
x ∞−                   0               + ∞     

( )xf ′              -            0         +                 

)(xf                            2               

Rezult  ca f este strict descresc toare pe ( ]0,∞− . 

d) ( )xf
x ∞→
lim +∞= . 

e) Din d), deducem c  f  nu admite asimptota orizontal  spre + ∞ . 
 Studiem asimptota oblic . 
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Avem c  xy =  este asimptota oblic  spre ∞+ . 

f) ( )∫ ′
1

0

dxxf ( ) 25
1

0
−== xf . 

g) Dac  0<x , din c)  rezult  ( ) ( )xfxf 2111 <  iar  ( ) ( ),20041984 xfxf <   

 

            

 



         

 

deci  ( ) ( ) ( ) ( )xfxfxfxf 200421198411 +<+ . Atunci 0<x  nu poate fi solu ie.  
Analog , 0>x  nu poate fi solu ie. R mane 0=x  este solu ie unic . 

 

            

 


